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$A_{1},$ $A_{2}$ $C^{*}-$ $B$ $A_{1},$ $A_{2}$ $C^{*}-$
$E_{j}$ : $A_{j}arrow B$ 1
state
$j=1,2$ $E_{j}(x^{*}x)=0\Rightarrow x--0$
$A_{j}\ni x,$ $y$ $\langle x, y\rangle:=E_{j}(x^{*}y)$ $(A_{j}, \langle\cdot, \cdot\rangle)$ pre-Hilbert B-module
Hilbert $B$-module $H_{j}$ $A_{j}$ $L(H_{j})$
( $H_{j}$ adjoint $B$-module map $C^{*}-$ ) $*-$
$\pi_{j}$ (GNS )
$H_{\overline{J}}=\xi_{j}.B\oplus H_{j}^{\mathrm{o}}$ Hilbert B-module
$H= \xi.B\oplus\bigoplus_{n\geq 1i_{1}2}\bigoplus_{i\neq\neq\cdot\cdot\neq i_{n}}.H_{i_{1}}\mathrm{o}\bigotimes_{B}\cdots\bigotimes_{B}H_{i}\mathrm{o}n$
$j=1,2$
$H(j)=\xi.B\oplus\oplus n\geq 1i1\neq i_{21}\neq\neq i\neq j\oplus.H\circ\otimes in\ldots\otimes i_{1}H_{i_{n}}^{\mathrm{o}}BB$
$V_{j}$ : H\rightarrow Hj\otimes H(
$V_{j}(\xi)=\xi_{j}\otimes\xi$
$V_{j}(h_{1}\otimes\cdots\otimes hn)=\{$
$h_{1}\otimes(h_{2^{\otimes}}\cdots\otimes h_{n})$ $(j_{1}=j, n\geq 2)$
$h_{1}\otimes\xi$ $(j_{1}=j, n=1)$
$\xi_{j}\otimes(h_{1^{\otimes}}\cdots\otimes h_{n})$ $(j_{1}\neq j)$
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$h_{i}\in H_{j_{i}}^{\mathrm{O}},$ $j_{1}\neq\cdots\neq j_{n}$




$(A_{j}, E_{j})$ $(j=1,2)$ $L(H)$ $\sigma_{1}(A_{1})\cup$
$\sigma_{2}(A_{2})$ $C^{*}-$ $(A_{1}, E_{1})*B.(A2, E2)$
[ ]
$\sigma_{j}$
$\sigma_{1}(b)=\sigma_{2}(b)$ $b$ l $B$
$C^{*}-$






$(A_{1}, E_{1})*B(A_{2}, E_{2})$ $B$ \sim 1 ( $E_{1}*E_{2}$ )
(i) $(E_{1}*E_{2})\circ\sigma j=E_{j}$ $(j=1,2)$
(ii) $n\in \mathrm{N},$ $j_{1}\neq j_{2}\neq\cdots\neq j_{n},$ $a_{i}\in \mathrm{k}\mathrm{e}\mathrm{r}E_{ji}$ $(E_{1}*E_{2})(\sigma_{j}1(a_{1})\cdots\sigma_{j_{n}}(a_{n}))=$
$0$
(iii) $c\in(A_{1}, E_{1})B*(A_{2}, E_{2})$ $\text{ }$ $\text{ }$ $=:a\in(\mathrm{A}_{1}E_{1})’,B*(A_{2}, E_{2})$
$(E_{1}*E2)(a^{*}cC*a)=0\rfloor$ $c=0$
[ 22]
$\tau$ $B$ $\tau\circ E_{j}$ $A_{j}$









$arrow-\mathrm{c}\backslash \text{ }$ $\{e_{ij}\}_{1<}i,j<k,$ $\{f_{ij}\}_{1}\leq i,j\leq m’\{g_{i}j\}1\leq i,j\leq l,$ $\{hij\}_{1\leq}i\backslash .j\leq m$ $M_{k},$ $M_{m},$ $M_{\iota,M_{m}}$
$\mathbb{C}^{m}$
$\mathbb{C}^{m}\ni(\lambda_{1}, \cdots, \lambda_{m})\vdasharrow\Sigma_{j=}^{m}1(\lambda_{j}1\otimes fjj)\in M_{k}\otimes M_{m}$
$\mathbb{C}^{m}\ni(\lambda_{1}, \cdots, \lambda_{m})-+\Sigma_{j=1}^{m}\lambda j(1\otimes h_{j}j)\in M_{l}\otimes M_{m}$
$M_{k}\otimes M_{m}$ , $M_{l}\otimes M_{m}$
1 $E_{1},$ $E_{2}$
$E_{1}(e_{ij^{\otimes}}fpq)=\{$
$(0, \cdots, 0, \frac{1}{k} , 0, \cdots, 0)$ $(i=j\hslash>’\supset p=q)$
$p\ovalbox{\tt\small REJECT} \mathrm{B}\uparrow$
$0$ $(i\neq j^{\xi}r-.\ovalbox{\tt\small REJECT} \mathrm{f}p\neq$
$\uparrow$
p
($i\neq j$ p $ eq q$ )
$E_{2}(g_{ij}\otimes h)pq=\{$
$(0, \cdots, 0, \frac{1}{l} , 0, \cdots, 0)$ $(i=j\hslash>\sim p=q)$
$p\ovalbox{\tt\small REJECT}\Xi\uparrow$
$0$ $(i\neq j\mathrm{E}\gamma_{-\#}\prime \mathrm{g}_{p\neq}$
p
($i\neq j$ p $\neq q$ )
32
$(M_{n}, E_{1})\mathbb{C}*(M_{2}, E_{2}2)\simeq on-1^{\otimes}M_{2}$
$(n\geq 3)$
$\{e_{ij}\}_{1\leq i},j\leq n$ ’{ }1 $\leq \mathrm{n},7\leq 2$ $M_{n},$ $M_{2}$ $\mathbb{C}^{2}$





$(1, 0)$ ($i=j=1$ )
$(0, \frac{1}{n-1})$ ( $i=j\geq 2$ )
$0$ ( $i\neq j$ )
67
$E_{2}(f_{ij})=\{$
$(1, 0)$ ($i=j=1$ )
$(0,1)$ ($i=j=2$ )























$f_{11}Af_{11}=C^{*}(f_{12}e_{21}, f12e_{31}, \cdots, f_{12}e_{n1})$
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